We correct errors in the proof of Hillar and del Campo (2013, Theorem 19) and in the description of Hillar and del Campo (2013 , Table 1 ). We also fix some typos and notational issues. We thank Thomas Kahle for pointing out the mistake in the table and Robert Krone for finding the gap in our original proof.
which denoted the sequence of elements of the set { j | w j = i}. However, this formal sum notation above may cause confusion with integer addition. To avoid this ambiguity, one may consider as the power set 2 [k] of all subsets of [k] = {1, . . . , k}, and define w * ∈ * by w * i := { j | w j = i}, for i = 1, . . . , n.. Note also that (3 4) · (2, 3) < dlex in Example 10 is missing the element (1, 1).
We now present a complete proof of the following result. Hillar and del Campo, 2013.) 
Theorem 1. (See Theorem 19 in
In the original proof of Theorem 1, the proposed set G consisted of elements of the form
k , where we assumed the latter to be monic for all 1 ≤ j ≤ |T |.
Unfortunately, these b j are not necessarily monic, which makes the original proof incorrect. However, we exhibit a correct finite generating set G using the following elementary observation from Aschenbrenner and Hillar (2007, Lemma 3.13) . Recall that a well-founded partially-ordered set is one with no infinite strictly decreasing sequences.
Lemma 2. Let S be a well-partially-ordered set and T a well-founded partially-ordered set. Suppose that
is a well-partial-ordering. 2
Proof of Theorem 1. Let dlex be the well-partial-ordering of [P] k induced by the total well-order
k , define the leading monomial lm( f ) to be the largest nonzero element in [P] k (with respect to ≤ dlex ) in the support of f . Also, set lc( f ) ∈ A to be the coefficient of lm( f ) in f . Let T be the collection of all ideals of A (partially ordered ≤ by reverse inclusion), and consider the following subcollection:
Notice that u dlex v implies lc(B, u) ⊆ lc(B, v) (so that lc(B, u) ≥ lc(B, v)). Using Lemma 2 with S = ([P]
k , dlex ) and ϕ the decreasing map ϕ(u) = lc(B, u), we have that ≤ ϕ is a well-partial order.
Recall that a final segment of the partial order dlex is a set F ⊆ [P] k such that u ∈ F and u dlex v implies that v ∈ F . A well-known characterization of well-partial-orderings (see e.g. Kruskal, 1972) is that final segments are finitely generated. Thus, applied to the final segment F = S of the wellquasi-ordering ≤ ϕ , we obtain finitely many w 1 , . . . , w m ∈ [P] k with the following property: for every
k there exists i ∈ {1, . . . , m} such that w i w and lc(B, w i ) = lc(B, w). Using Noetherianity of A, for each i now choose finitely many nonzero elements g i1 , . . . , g in i of B, each with leading monomial w i , whose leading coefficients generate the ideal lc(B, w i ) of A.
We claim that the following subset of B fulfills the requirements of the theorem statement:
To prove this, let f ∈ B ∩ A [m] k . Then, lm(g) dlex lm( f ) for some g ∈ G with witness σ 1 ∈ S m (by Hillar and del Campo, 2013, Lemma 18 Table 1 Degree-complexity of the toric ideal I n defined by y α .
